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Abstract

Given a set A = {ay,...,ar : a; € Z>o} of coprime positive integers, define I'(A) := {ajx; +
cooagxy X € Zso}. AsT(A) :=N\T(A) is a finite set, we define

g(A) :=maxI“(A), n(A):=|T°(A)|, the sum s(A) := n.
nel<(A)

Formulae for these functions are well known for the case k = 2. Let a 2-set be {a, b}, then we know

g(a,b)=(a—1)(b—1)—1, n(a,b) = %(a—l)(b—l), s(a,b) :1—12(a—1)(b—1)(2ab—a—b—1)

Using elementary tools, we characterize ¢ for which g(a,b) — g(a, b, c) belongs to the set {a,b,a+
b,2a,2b,2a+b,a+2b,3a,3b} and in more generally, when the difference belongs to {ka, kb, ka+

b,a+ kb} with some restrictions for k in case when diffrence is ka + b.

We also determine g(A),n(A), s(A) for certain families A = {a,b,c}. Along with this, for the
same families A, we find the set S*(A) = {n € T“(A) : n+T(A)* C I'(A)*}. Algorithmically, for
general set {a,b,c} we establish the difference m,; —my;, for each i € {0,1,...,a}, where my; and
mj; denote smallest integer congruent to bi mod a in I'({a,b}) and I'({a, b, c}), respectively. This

enables us in giving a very neat formula for n(a,b,c),g(a,b,c),s(a,b,c).



g U fRUTT H5-31UIeT QUIhl o THHT A = {ay, ..., ay: @; € Lo} DI ABIT(A) = {arx; +
e QX X; € T} PTURMINT HRA S 1 B IC(A) == N \ T'(4) T T T4 &, §H

g(A) = maxT“(4),

n(4) = [“(4)|,
3R
s(A) = n
nEI‘Z(A)
3R & TS DI RHNT B 5 |

k =2 3 U & T A 57 wam & for I faema € 1 7 § % (o, b) U :-Te 31 bR g3 U
g o

gla,b) =(a—1)(b —-1)—1,n(a,b) = %(a -1 -1),s(a,b) = %(a —-Db-1)QRab—a—-b—-1)

T} TreAT 1 UET BRb §H 3 ¢ BT AT UM B & oI T g (a, b) — g(a, b, ¢) BT AR
{a,b,a+b,2a,2b,2a + b,a + 2b, 3a, 3b} P GHE BT UITT ¢ TUT 3R YA =Y I ST ! b HIT
Udfid BYdT § O1d I8 3R {ka, kb, ka + b, a + kb} &1 T §, TT&T k R HS Uda~I § IF Tg 3R
ka+b gl

B g(A4), n(A), s(4) B $S AT THRR 4 = {q, b, ¢} & forw Fuifa 1t wa |1 9% w1y, 3=
THERI A T, 81 5*(4) = (n € T°(A):n + [(A)* < ['(A)* & T HI YR Hd €1 Had
fafd S OR, 89 AHI 9= {q, b, ¢} & I my; —m};; B FR PG € {0,1,...,a} & [T
RITT B §, &t my,; 3R my,; I YAdH YuTieh! b1 fafed B & S AL I'({q, b)) 3R
F({a,b,c}) & bimoda%ﬂﬂ'ﬁm%"lZI_s’Bﬁn(a,b,c),g(a,b,c),s(a,b,c)%mww&_ﬂéﬁﬁ
e AT |
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